
16.1 Integration in Two Variables
Day 2

Multivariable
1. Evaluate the following:

a.
2

4

∫
1

9

∫ 𝑦𝑒𝑥𝑑𝑦( )𝑑𝑥 b.
𝑦=0

4

∫
𝑥=0

3

∫ 𝑑𝑥 𝑑𝑦
3𝑥+4𝑦

2. Verify that
𝑦=0

4

∫
𝑥=0

3

∫ 𝑑𝑥 𝑑𝑦
3𝑥+4𝑦

=
𝑥=0

3

∫
𝑦=0

4

∫ 𝑑𝑥 𝑑𝑦
3𝑥+4𝑦
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3. Find the volume between the graph of and the rectangle𝑓(𝑥, 𝑦) = 16 − 𝑥2 − 3𝑦2

𝑅 = [0, 3] × [0, 1]

4. Calculate where∫
𝑅
∫ 𝑑𝐴

(𝑥+𝑦)2 , 𝑅 = [1, 2] × [0, 1]

5. Evaluate the following:

a.
1

3

∫
0

2

∫ 𝑥3𝑦𝑑𝑦𝑑𝑥 b.
−1

1

∫
0

π

∫ 𝑥2 sin 𝑦 𝑑𝑦 𝑑𝑥
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c.
0

π/4

∫
π/4

π/2

∫ cos(2𝑥 + 𝑦)𝑑𝑦 𝑑𝑥 d.
1

2

∫
2

4

∫ 𝑒3𝑥−𝑦𝑑𝑦 𝑑𝑥

e.
0

8

∫
1

2

∫ 𝑥 𝑑𝑥 𝑑𝑦

𝑥2+𝑦
f.

1

2

∫
1

3

∫ ln(𝑥𝑦)𝑑𝑦 𝑑𝑥
𝑦


